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ABSTRACT: Processes are considered in a uniform gas discharge plasma which include elastic and inelastic 
collisions of electrons with atoms. The rate constants of excitation and quenching processes with transition between 
s and p states of a valence electron are evaluated on the basis of experimental data for alkali metal atoms. The atom 
excitation process in a gas discharge plasma of inert gases has a self-consistent character, so that the excitation process 
leads to a decrease of the energy distribution function of electrons with an increasing energy under the action of the 
excitation process, that in turn leads to a decrease of the excitation rate constant. As a result, the energy distribution 
function of electrons in a gas discharge plasma drops sharply with an increasing electron energy above the threshold 
of atom excitation, and therefore the population of higher excited states is lower significantly than that for lower 
excited states. Hence, stepwise ionization proceeds through the lowest excitation states. The concentration of excited 
atoms and the rate of atom stepwise ionization in a gas discharge plasma of inert gases are evaluated. It is shown that 
many regimes of equilibrium in this plasma may be realized depending on its parameters that makes an universal 
method of numerical analysis of this plasma to be unpractical. In additions, cross sections and rate constants of 
processes in a gas discharge plasma require a careful grounding, especially, for electron-atom collisions. 

1. INTRODUCTION
A gas discharge plasma is a weakly ionized gas which is formed and is supported under the action of an external 
electric field. Usually a gas discharge plasma is a nonequilibrium system, where formation of new charged 
particles, electrons and ions, results from electron-atom collisions. Therefore properties of a gas discharge plasma 
are determined by processes inside it, and there are various regimes of a gas discharge plasma depending on basic 
processes [1, 2, 3]. We are guided below by a gas discharge plasma of inert gases. Though the processes involving 
molecular particles and negative ions are excluded in this cases, many regimes may be realized depending on external 
conditions and plasma parameters. These possibilities are represented in Table 1 [3]. We below consider only cases 
when excited atoms are of importance for plasma properties. In particular, the presence of excited atoms in a gas 
discharge plasma can lead to the stepwise character of atom ionization in collisions of electrons with atoms.

Table 1 
Factors which determine corresponding regimes of a gas discharge plasma.

Factor Possibilities

1. Energy distribution function 
for thermal electrons

The electron distribution function may be determined by electron-atom collisions or 
electron-electron collisions depending on the number density of electrons

2. Single or stepwise ioniza-
tion

Depending on the number density of electrons, the ionization process of gas atoms by 
electron impact results from single ionization of atoms in the ground state or proceeds 
through excited states
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3. Radiative transitions 
between atom states

Excited atoms are quenched in collisions with electrons or as a result of photon 
emission

4. Atomic or molecular ions in 
a plasma

The rate of plasma decay proceeds through different processes depending on an ion sort

5. Ionization through excited 
atom states

Associative ionization or Penning process may influence on plasma parameters

6. Heat processes Diffusive and constricted forms of the positive column

7. Cathode processes Emission electrons from the cathode may proceed by cathode bombardment by ion 
impact or thermoemission

Restricting ourselves by processes with formation and participation of excited atoms in a gas discharge plasma, 
we take into account the following properties of this plasma. Usually the electric field strength is respectively 
small, so that the average electron energy is small compared to the excitation energy. Therefore excitation of 
atoms corresponds to the tail of the energy electron distribution function (EEDF). Then atom excitation in a gas 
discharge plasma has a self-consistent character [4, 5] as it is demonstrated in Fig. 1. Indeed, the excitation process 
corresponds to energies above the excitation threshold where EEDF falls sharply due to this process. In turn, for the 
same reason, this process leads to a decrease of the effective excitation rate. From Fig. 1 it follows that at higher 
energies the presence of excited atoms leads to a recovery of EEDF due to quenching of excited atoms in collisions 
with slow electrons. According to this character of atom excitation, this process results from electron diffusion in 
an energy space for electron energies below the atom excitation energy and by the cross section of atom excitation 
by electron impact if its energy exceeds the atom excitation energy. In this paper we analyze these processes on the 
basis of analytic methods. In this analysis we do not oppose the analytic methods in the analysis of a gas discharge 
plasma to numerical ones. Indeed, a gas discharge plasma is a complex physical object, and its detailed analysis 
requires computer methods. But for reliable numerical evaluations of parameters of a certain gas discharge plasma 
it is necessary to understand its nature. Therefore the analytical analysis of process in a gas discharge plasma and its 
kinetics helps to its reliable modeling on the basis of numerical methods.

Figure 1: EEDF in argon at the electric field strengths of 10 Td (curves 1 and 3) and 20 Td (curves 2 and 4) under 
stationary conditions according to calculations [5]. In the case of curves 1 and 2 the concentration of metastable 

argon atoms is cm = 6.10–5), and in the case of curves 3 and 4 metastable atoms are absent in ionized argon. The arrow 
indicates the excitation energy of the metastable state
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2. KINETICS OF FORMATION OF EXCITED ATOMS IN GAS DISCHARGE PLASMA

2.1 Elementary Processes in Electron-atom Collisions
Elementary processes determine kinetics and properties of a gas discharge plasma. In the case of a plasma of inert 
gases they include in the first place elastic and inelastic electron-atom collisions. The problem in the analysis of 
these processes is such that theory does not allows to evaluate the cross sections of electron-atom collisions reliable 
at not large electron energies. Indeed, the collision theory involving electrons (for example, [6, 7]) has not such 
methods as the density functional theory which gives the possibility to account for exchange interactions between 
an incident and bound electrons. Often experiments give scanty information about parameters of collision processes 
involving slow electrons. Nevertheless, the theory gives some precise relations and useful models for cross sections 
of electron-atom collisions, and we consider them below.

As for electric collisions between electrons and atoms of inert gases, the results of measurements for cross 
sections of these processes are summed in [8], and we use this. In the analysis of inelastic electron-atom collisions, 
we analyze in the first place the processes of excitation of the ground atom state and quenching of an excited atom 
state by electron impact. One can connect the cross section of atom excitation by electron impact σex and the cross 
section σq of the inverse process - atom quenching by electron impact on the basis of the principle of detailed 
balance. We below represent the principle between the process of atom excitation be electron impact and the inverse 
process, quenching of an excited atom in collisions with electrons. These processes are described by the scheme

 *( ) ( )oe A e Aε ε ε+ ↔ −∆ +  (2.1)

Here the argument indicates the electron energy, Ao, A* is the atom notation in the ground and excited states 
respectively, ∆ε is the excitation energy.

Following to [10], we introduce the interaction operator V between colliding electron and atom, and this 
interaction causes the transition between the ground o and excited * states. Considering this interaction as a 
perturbation, we have for the excitation probability per unit time [9]
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where *oV  is the matrix element between the transition states, * /dg d is the statistical weight 
of the excited state per unit of energy, ov is the initial electron velocity. In considering this 
equilibrium, we assume that one electron and one atom are located in a volume . Because the 
operation of time reversal corresponds to a change *

* *o oV V , we obtain the following relation 
[10] 
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where *,og g are the statistical weights for the electron-atom system in the ground and excited 
atom states correspondingly, the argument indicates an energy at which the cross section is 
taken. 

The statistical weight of the electron and atom in the ground state is given by 
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where og  is the statistical weight of the atom ground state, the factor 2 accounts for the electron 
spin states. The analogous expression respects to the statistical weigh of the electron-atom 
system with the atom in the excited state. As a result, formula (0.3)gives 
 *( ) ( ) ( )o ex qg g           (0.5) 

Introducing the rate constant of atom excitation by electron impact ( )exk   as 
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where em  is the electron mass. Correspondingly, the principle of detailed balance (0.5)leads to 
the following relation between the rate constants of atom excitation ( )exk   and quenching 

( )qk     by electron impact 
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where   is the energy of an incident electron, *,og g are the atom statistical weights for the 
ground and excited states. 

 (2.2)

where Vo* is the matrix element between the transition states, dg*/dε is the statistical weight of the excited state per 
unit of energy, vo is the initial electron velocity. In considering this equilibrium, we assume that one electron and 
one atom are located in a volume Ω. Because the operation of time reversal corresponds to a change Vo* → V*

*
o, we 

obtain the following relation [10]
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where go, g* are the statistical weights for the electron-atom system in the ground and excited atom states 
correspondingly, the argument indicates an energy at which the cross section is taken.

The statistical weight of the electron and atom in the ground state is given by
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where go is the statistical weight of the atom ground state, the factor 2 accounts for the electron spin states. The 
analogous expression respects to the statistical weigh of the electron-atom system with the atom in the excited state. 
As a result, formula (2.3) gives
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 *( ) ( ) ( )o ex qg gεσ ε ε ε σ ε ε= −∆ −∆  (2.5)

Introducing the rate constant of atom excitation by electron impact kex (ε) as
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where me is the electron mass. Correspondingly, the principle of detailed balance leads to the following relation 
between the rate constants of atom excitation kex (ε) and quenching kq (ε – ∆ε) by electron impact
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where ε is the energy of an incident electron, go, g* are the atom statistical weights for the ground and excited states.

One more precise relation for parameters of electron-atom collisions is the threshold law for the excitation cross 
section σex of an atom by electron impact that has the form [11, 6]

 ( ) ~exσ ε ε ε− ∆  (2.8)

From this on the basis of the principle of detailed balance one can find that the quenching rate constant is 
independent of the electron energy at low energies. In particular, one can use the Maxwell distribution function of 
electrons over energies f (ε) at the electron temperature Te that has the form
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where Ne is the electron number density.

Introducing the average rate constant of atom excitation by electron impact exk  as
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where the energy distribution function of electrons is normalized by the relation

 
( ) ef d Nε ε =∫  (2.11)

In particular, in the case of the Maxwell distribution function the principle of detailed balance leads to the 
following relation between the average rate constants of excitation —kex and quenching —kq

 

* exp ,th ex q
o e

gk k k
g T

ε ∆
= = − 

 
 (2.12)

This rate constant corresponds to the thermodynamic equilibrium for the ground and excited atom states and 
electrons.

These relations may be used for practical values of the parameters of inelastic electron-atom collisions together 
with some theoretical models [12, 13, 14] and measured data. Among various theoretical models we choose below 
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the model [15, 16] which continues the Born approximation at large collisions energies to low energies. At large 
collision energies the cross section of atom excitation by electron impact is proportional to the square of the atom 
dipole moment operator Do*. This means that effective excitation of atoms by electron impact takes place only for 
atom resonant states which are connected with the ground atom state by a dipole radiative transition. Hence within 
the framework of this model one can find that the excitation cross section is inversely proportional to the radiative 
time τr for the radiative transition between excited and ground states. From this it follows a certain scaling law which 
gives for the rate constant. In particular, at low electron energies in the case of atom quenching and near the threshold 
of atom excitation this model gives [17, 18]
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− ∆
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with the numerical parameter ko which follows from experimental data.

Figure 2: Dependence on the reduced electron energy ε/∆ ε for the reduced cross section of excitation Ф according to 
formula [3]. These data are based on atom resonant excitation by electron impact from the ground states of lithium, 
sodium and potassium atoms and from the metastable states He(23 S) for the helium atoms with using the following 
experimental data : 1 - [19] for Li, 2 - [20] for Na, 3 - [21] for K, 4 - [22] for K, 5 - [23] for K, 6 - [24, 25] for He(23 S).

Let us reduce experimental data to this concept. To demonstrate this, we give in Fig. 2 [3] the reduced cross 
section in the case of the s – p transition of a valence electron on the basis of cross sections of excitation of alkali 
metal atoms by electron impact. In this case we represent the excitation cross section in the form
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where fo* is the oscillator force for transition between s and p states which is averaged over states of the group o and 
is summed over states of the group *. In the limit of small x – 1 we have

 ( ) 1, 1,x a x xΦ = − →  (2.15)

where a = 0.130 ± 0.07 [18]. Note that the dispersion of data of Fig. 2 in a greater extent is connected with the 
accuracy of measurements. One can be convinced in this by comparison for excitation cross section of a potassium 
atom by electron impact in Fig. 2. In addition, experimental data for excitation cross sections of alkali metal atoms by 
electron impact allow us to find the parameter ko in formula. Using experimental data [13, 26, 27, 23] for excitation 
of potassium, rubidium and cesium atoms by electron impact from the ground state to the states K (42 P), Rb(52 P), 
Cs(62 P), we find ko = (4.3 ±0.7). 10–5 cm3/s [17, 18] for $s-p$s−p electron transition, and accuracy of this value, as 
well as the reduced cross section of Fig. 2, is estimated also as 20-30%. In this case the quenching rate constant in 
the limit of low electron energies is given by
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2.2 Electron Drift in Energy Space Below Atom Excitation Energy
One can analyze the character of electron evolution in a gas discharge plasma on the basis of the kinetic equation 
for the electron distribution function that may be expanded over spherical harmonics [28, 29, 30, 31, 32, 34, 35]

 0 1( ) ( ) ( ),xf f v v f v= +v  (2.17)

where x is the direction of an electric field. From the kinetic equation we have for the spherically symmetric part of 
the distribution function

2 2
0 0 0

0 0 0 * 02
0

( )( ) ( ) ( ) ( ) ( ) ( ) ,
3 ea ee a ex q

ea

f df fa d v I f I f N k f d N k f d
t v dv dv ε

ε
ε ε ε ε ε ε ε ε

ν τ

∞ ∞

∆

 ∂
− = + − + −∆ −∆ − ∂  

∫ ∫  (2.18)

Here f0 is the spherically symmetric part of the electron distribution function, a = eE/Me, where E is the electric 
field strength, me is the electron mass, v is the electron velocity, vea = Navσ*

ea(v) is the rate of elastic collisions of 
electrons with atoms, so that Na is the number density of atoms, and σ*

ea(v) is the diffusion cross section of electron-
atom scattering, Iea (f0) and Iee (f0) are the collision integral for the spherical part of the distribution function for 
electron collisions with atoms and electrons correspondingly, N* is the number density of excited atoms, τ is a 
relaxation time. It is supposed in equation that plasma parameters are independent of a space. In addition, because of 
small energy variation in electron-atom collisions [35], the electron-atom collision integral Iea (f0) may be represented 
as a diffusion flux in an electron energy space [10, 34]. The same relates to the electron-electron collision integral 
Iee (f0) [36] because the basic contribution to the diffusion cross section of electron-electron scattering follows from 
scattering at small angles, but the flux is a bilinear function of the distribution function. Because for excitation 
processes electrons are divided in thermal and fast ones and fast electrons are responsible for atom excitation, the 
electron-electron collision integral Iee (f0) may be represented as a diffusion flux for the distribution function in an 
electron energy space, as well as the electron-atom collision integral Iea (f0) . Let us consider the excitation process as 
motion of a test electron in a space of electron energies. If the excitation process proceeds fast as the electron energy 
reaches the atom excitation energy, diffusion of a test electron in an energy spacedetermines the excitation rate [55].
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This equation allows one to analyze the character of variation of the electron distribution function on the basis 
of the kinetic equation. Indeed, one can separate the energy ranges of Fig. 1 in four parts. In the first range below 
the excitation energy ε < ∆ε equation takes the form
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In the second range above the excitation threshold a sharp decrease of the EEDF proceeds because of the 
excitation process. In the third range with a more weak drop of the EEDF the quenching process involving excited 
atoms is responsible for formation of fast electrons. In the last range with a sharp drop of the EEDF other inelastic 
processes including atom ionization become essential in the establishment of the EEDF.

Let us analyze the character of atom excitation by electron impact in a gas discharge plasma at low electric 
field strength where the average electron energy ε– is small compared to the atom excitation energy ∆ε. Then a slow 
electron acquires a sufficient energy for atom excitation as a result of many collisions. In this case the process of 
atom excitation by electron impact is realized as a result of many electron-atom collisions. Under these conditions 
it is convenient to define the effective rate constant of atom excitation k< as
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Here N* is the number density of excited atoms, and N* << Na, where Na is the number density of atoms in the 
ground state. This equation follows from the kinetic equation by it integration over electron energies. Evidently, this 
rate constant is proportional to the electron diffusion coefficient in a space of electron energies. Indeed, we have in 
this case [3]
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In the second range above the excitation threshold a sharp decrease of the EEDF proceeds 
because of the excitation process. In the third range with a more weak drop of the EEDF the 
quenching process involving excited atoms is responsible for formation of fast electrons. In the 
last range with a sharp drop of the EEDF other inelastic processes including atom ionization 
become essential in the establishment of the EEDF. 
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Here *N is the number density of excited atoms, and * aN N , where aN is the number density 
of atoms in the ground state. This equation follows from the kinetic equation (0.19) by it 
integration over electron energies. Evidently, this rate constant is proportional to the electron 
diffusion coefficient in a space of electron energies. Indeed, we have in this case [3] 
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where 2 /o ev m   is the electron velocity at the excitation threshold, and the distribution 
function 0 ( )   does not take into account the loss of fast electrons as a result of atom excitation. 
The electron diffusion coefficients of formula (0.21) in the energy space due to electric field EB
, electron-atom collisions eaB and electron-electron collisions eeB  are equal 
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Here T  is the gas temperature, is the electron velocity, ln is the Coulomb logarithm, and the 
diffusion coefficient of electrons eeB  is given for the regime of a a high electron number 
density, where the electron temperature may be introduced. It should be noted also that though 
mechanisms of energy transfer may be different depending on the character of variation of the 
electron momentum.  

2.3  EEDF at energies above excitation threshold 
We now analyze the EEDF at electron energies above the excitation threshold where the atom 
excitation process by electron impact proceeds along with elastic electron-atom collisions. 
Above in considering the excitation process in a gas discharge plasma at low electric field 
strengths we used the model [3] where atom excitation takes place if an electron energy reaches 
the atom excitation energy. In this case the excitation cross section is large, so that each electron 
whose energy exceeds the atom excitation energy excites an atom , rather than returns below the 
excitation threshold as a result of elastic collisions. Next, the rate of atom excitation is 
determined by the electron flux in the direction of large electron energies under the action of an 
external electric field, and this flux is compensated by atom excitation that makes fast electrons 
to be slow ones. 

 (2.21)

where 2 /o ev mε= ∆  is the electron velocity at the excitation threshold, and the distribution function φ0(ε) does 
not take into account the loss of fast electrons as a result of atom excitation. The electron diffusion coefficients of 
formula in the energy space due to electric field BE, electron-atom collisions Bea and electron-electron collisions 
Bee are equal
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Here T is the gas temperature, is the electron velocity, lnɅ is the Coulomb logarithm, and the diffusion 
coefficient of electrons Bee is given for the regime of a a high electron number density, where the electron temperature 
may be introduced. It should be noted also that though mechanisms of energy transfer may be different depending 
on the character of variation of the electron momentum. 

2.3 EEDF at Energies Above Excitation Threshold
We now analyze the EEDF at electron energies above the excitation threshold where the atom excitation process by 
electron impact proceeds along with elastic electron-atom collisions. Above in considering the excitation process 
in a gas discharge plasma at low electric field strengths we used the model [3] where atom excitation takes place if 
an electron energy reaches the atom excitation energy. In this case the excitation cross section is large, so that each 
electron whose energy exceeds the atom excitation energy excites an atom, rather than returns below the excitation 
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threshold as a result of elastic collisions. Next, the rate of atom excitation is determined by the electron flux in the 
direction of large electron energies under the action of an external electric field, and this flux is compensated by atom 
excitation that makes fast electrons to be slow ones.

We now consider in detail the behavior of the EEDF above the excitation threshold where it falls sharply with 
an increasing energy. This is a self-consistent process which connects the atom excitation rate due to collisions with 
electrons and variation of the EEDF with an electron energy increasing. A sharp variation of the EEDF with an 
increasing energy allows one to use the the quasiclassical method for the distribution function representing it near 
the excitation threshold in the form

 ( ) ( ) exp( ),of v f v S= −  (2.23)

and the condition of a sharp fall of the EEDF with an increasing electron energy above the excitation threshold is

 
2( ) ''S S′   (2.24)

It is convenient to use the electron velocity v as an argument of the distribution function, and 2 /o ev mε= . 
Under these conditions the exponent is given by [37, 18]
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where 
*

ea a eaN vν σ=  is the rate of elastic electron-atom scattering, ex a exN kν =  is the rate of atom excitation, and 
variation of the electron momentum results from elastic electron-atom collisions, that is

 ea exν ν  (2.26)

In the case where the quasiclassical solution holds true, it is convenient represent expression in the form [37, 18]
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Here we use the rate of elastic electron-atom collisions at the excitation threshold vo = v(vo), and the rate of 
quenching of an excited atom by slow electrons vq

 = Nakq, because the rate constant of quenching of the excited 
atom by a slow electron kq is independent of the electron energy. Next, a = eE/me with E- the electric field strength, 
go,g* are the statistical weights of the ground and excited atom states. Thus near the excitation threshold we have 
according to formula 
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,S ε εκ
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− ∆ =  ∆ 
 (2.28)

where 
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and the condition that the EEDF falls sharply with an increasing electron energy above the excitation threshold is
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 1κ   (2.30)

These formulas allow us to determine the rate of atom excitation by electron impact under the assumption that 
this process proceeds near the excitation threshold. We have for the excitation rate
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if the distribution function is normalized by the condition
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Using the principle of detailed equilibrium, we have
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where vq
 = Nakq, is the rate of quenching of an excited atom by a slow electron. It is convenient to introduce the 

rate constant of atom excitation as

 
*1 ,

a e

dNk
N N dt> =  (2.34)

and from this it follows k> ~ κ–1.6.

Since the parameter κ is inversely proportional to the electric field strength κ ~ 1/E (precisely, to the reduced 
electric field strength E/Na), this regime with a sharp decrease of the EEDF above the excitation threshold takes place 
at low electric field strength. Since we consider excitation processes in inert gases, we give in Table 2 values of the 
parameter κ and accompanied parameters for excitation of atoms of heavy inert gases by electron impact. We take 
the elastic cross section at the threshold from [8], the cross sections of quenching of the state 3P2 from [38], and the 
same rate constant we take for the state 3P0, and the quenching rate constants for the states 3P1, 1P1 are calculated 
on the basis of formula. 

Table 2 
Parameters of excitation of helium and argon atoms in a gas discharge plasma.

Atom Ar(3P2) Ar(3P1) Ar(3P0) Ar(1P0) 

Δε, eV 11.55 11.62 11.72 11.83

kq, 10–9 cm3/s 0.4 0.82 0.4 3.9

κ 65 34 30 136

Atom Ne(3P2) Ne(3P1) Ne(3P0) Ne(1P0) 

Δε, eV 16.61 16.67 16.71 16.84

kq, 10–9 cm3/s 0.2 0.09 0.2 1.4

κ 65 34 30 136

Atom Kr(3P2) Kr(3P1) Kr(3P0) Kr(1P0) 

Δε, eV 9.915 10.032 10.562 10.644

kq, 10–9 cm3/s 0.3 3.1 0.3 2.4
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κ 135 320 63 290

Atom Xe(3P2) Xe(3P1) Xe(3P0) Xe(1P0) 

Δε, eV 8.32 8.44 9.45 9.57

kq, 10–9 cm3/s 1.9 6.8 1.9 6.8

κ 361 535 178 478

To sum up for atom excitation in a gas discharge plasma by electron impact, we have at low electric field 
strengths two ranges in an electron energy space which are responsible for this process, namely, the range below the 
atom excitation energy, where the electron flux to the excitation energy is supported by an external electric field, and 
the range the atom excitation energy, where the excitation process proceeds in a narrow energy range. One can sew 
the rates of these processes in the total excitation process, and the total excitation rate constant of atom excitation 
by electron impact kex in a gas discharge plasma is summed from the rate constants of these processes as [39, 3]

 
ex

k kk
k k

< >

< >

=
+  (2.35)

2.4 Principles of Equilibrium in Gas Discharge Plasma 
In this consideration we simplify the problem of a gas discharge plasma restricting ourselves by processes of elastic 
electron-atom collisions and also by processes of excitation of atoms in a ground state and quenching of atoms 
in excited states in collisions with electrons. One can expect that in this simple case one can describe regimes of 
existence of a gas discharge plasma in a universal method. We discuss below the character of processes in this case. 

Figure 3: Transition between the regimes of low and high electron concentration on the basis of the relation Bee = Bea).
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In this case we have several parameters which determine the character of atom excitation, and they include the 
electron concentration ce = Ne/Na, the reduced electric field strength E/Na, and the number density of atoms Na. It 
should be noted that the regimes of low and high electron concentrations (Table 1) lead to different form of the EEDF 
in the energy range below the atom excitation energy. For definiteness, we consider the regime of a high electron 
concentration, where the electron temperature may be introduced. This regime corresponds to the criterion in formula 

 ,ea eeB B  (2.36)

and we give in Fig. 3 the electron concentration for the boundary between these regimes depending on the electron 
energy ε for heavy inert gases. It should be noted that the diffusion coefficient Bee due to electron-electron collisions 
in a space of electron energies ε corresponds to the criterion

 ε >>Te (2.37)

Indeed, this quantity follows from the Landau collision integral [36] that is a bilinear functional from the 
electron distribution function over electron velocities (or energies). To transform the collision integral into a linear 
functional, we divide electrons in thermal and fast ones. Thermal electrons are characterized by the Maxwell 
distribution function with the electron temperature Te, and fast electrons determine excitation of atoms. For 
definiteness, we take in Fig. 3 the electron temperature Te = 2eV. 

One can add to this that in reality the electron temperature is not small for the regime under consideration where 
a gas discharge plasma exists. One can expect a typical electron temperature is Te ~ leV because at lower temperature 
the rate constants of atom excitation and ionization are negligible. From this it follows also that the analysis of the 
ionization balance is necessary also to describe a certain gas discharge plasma. Fig. 4 gives the dependence of the 
electron temperature on the reduced electric field strength for heavy inert gases. This Figure shows a range of reduced 
electric field strengths at which a stable gas discharge plasma exists. We give also in Fig. 5 the dependencies on 
the electron temperature Te for the rate constant of atom excitation by electron impact in a gas discharge plasma in 
accordance with formula. 

Figure 4: Electron temperature as a function of the reduced electric field strength in the regime of a high electron 
concentration.
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It should be noted that though according to the criterion exchange by energy in electron-atom collisions is 
less compared with that in electron-atom collisions, electron-atom collisions are of importance for a change of 
the electron energy because electron-electron collisions do not lead to variation an average energy of the electron 
subsystem. Moreover, the electron temperature is determined by electron-atom collisions in the case. Indeed, the 
power which is transferred to one electron from an external field is eEwe , where we is the electron drift velocity in 
a gas under the action of an external electric field of a strength E, and electrons gives an energy to a gas as a result 
of electron-atom collision. Correspondingly, we have the following balance equation 

 
~ ( ),e

e ea e
meEw T T
M
ν −  (2.38)

where M is the atom mass, and T is the gas temperature. In particular, if Te >>T, we have Te ~ Mw2
e, and this situation 

is supported by a small parameter me / M . One can give precise expressions for the electron drift velocity we and 
the difference between the electron Te and gas temperature T (for example, [37, 17])
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These estimations correspond to estimation.

Processes under consideration lead to gas heating, and the heat balance equation has the form

 
3 ,
2 a e e

dTN N eEw
dt

=  (2.40)

if we neglect the heat release. As is seen, the slowness of gas heating results from a small electron concentration 
in a gas discharge plasma. As is seen, a stationary state of a gas discharge plasma requires the analysis of the heat 
balance equation. 

Thus, an effort to describe a certain gas discharge plasma, where along elastic electron -atom and electron-
electron collisions processes of excitation of atoms in the ground state and quenching of excited atoms are of 
importance, on the basis of the kinetic equation for electrons, is not precise in principle. It is necessary to add the 
kinetic equation for electrons by equations of the ionization balance and heat balance. Hence, along with cross 
section of elastic and inelastic electron-atom collisions, a description of a gas discharge plasma must be based also 
on additional information. 

3. TRANSFER PROCESSES IN GAS DISCHARGE PLASMA INVOLVING EXCITED ATOMS

3.1 Quenching of Excited Atoms in Gas Discharge Plasma
We above convince that it is necessary for the total description of a certain gas discharge plasma along with the 
kinetic equation for the EEDF to use equations of the ionization and heat balance [2]. Moreover, heat transfer leads 
to a plasma nonuniformity because it is determined by temperature gradients. In particular, in a widespread case of 
a gas discharge plasma of the positive column of gas discharge in a cylinder tube this leads to the dependence of the 
gas temperature T on a distance from the tube axis. This fact may be of importance for other plasma parameters at not 
low discharge powers. Nevertheless, in the case of a fast establishment of the electron equilibrium between ground 
and excited atom states, one can use this equilibrium locally using the electron temperature or an analogous energetic 
parameter of the EEDF as a phenomenological parameter. Basing on this approach, we below find the concentration 
of excited atoms, restristing ourselves by the regime of a high electron concentration where the electron temperature 
Te may be used as a characteristic of the EEDF. 
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Figure 5: Transition from a general case with using the partial rates of radiative transitions from states of the electron 
shell Kr(4p5p) of the krypton atom to the states of the electron shell Kr(4p5s) to the rates averaged over the group of 
states with the electron shell Kr(4p5p). The transition energies are expressed in eV, g, is the statistical weight of the 

corresponding level, and the rates of radiative transitions are given in 106s–1 near an indicated arrow.

We above assume that the EEDF falls sharply near the atom excitation threshold. This means that the rate 
constant of quenching is large compared with this process with transition in the ground state. The ground state of 
inert gas atoms is np6 1S0, where n is the principal number of a valence electrons, and the electron shell for the group 
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of the lowest excited states is np5 (n+1)s. There are 4 states of this group (see Table 2), and we use for them notations 
of the LS -coupling, according to each these states are 3P2, 3P1, 3P0, 1P1, in the order of an increase of the excitation 
energy. Quenching of these states results mostly as a result of transitions into the group of states with the electron 
shell np5 (n+1)p. There are 10 such states Let us denote the rate constants for transitions from a given state of the 
group np5 (n+1)s in states of the group np5 (n+1)p by kQ, and the quenching rate constants for transitions from a 
given state of the group np5 (n+1)p in states of the group np5 (n+1)s by kq. These rate constants are evaluated on the 
basis of formula and are expressed through partial radiative times. There are 30 such transitions. In order to simplify 
this problem, we use the block approximation [40, 41, 42] where we join the states of a certain group. 

Figure 6: Quenching rate constants in electron-atom collisions for transitions from states of the electron shell np5 
(n+1)p to states of the electron shell np5 (n+1)s. Quenching rate constants rates are averaged overupper states states 
and correspond to one electron state of a lower level. The indicated rate constants correspond to neon, argon, krypton 

and xenon atoms.

The excitation average energy of a transition Ei into a given state of the lower group is defined as 

 

, 36
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where indices i and j correspond to the lower and upper transition states, and an average is made over the group of 
upper states. Correspondingly, the radiative rates 1/τi averaged over upper states into states i is given by 
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One can compare the rates per one lower levels 1/(giτi), and their dispesion testifies about the accuracy of the 
block method. We find also the average excitation energy as 
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In the same manner one can determine the radiative transition rates averaged over the state group with the 
electron shell $np^5(n+1)s$. One can define the average rate of radiative transition between states of indicated 
groups as 
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Figure 7: Partial rate constants for transitions from states of the electron shell Kr (4p5s) to states of the electron shell 
Kr (4p5p) in collisions with electrons. The transition rates are averaged over the final states.
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Table 3 
Parameters of transitions from states of the group np5 (n+1)p in the states of the group np5 (n+1)s for inert gas atoms

Atom Ne Ar Kr Xe

Δε, eV 2.1 1.65 1.6 1.5

1/τr, s
–1 15.87 12.4 12 12.1

kq, 10–7 sm3 / s 2.3 3.52 2.6 2.68

Table 3 contains average parameters of transitions from states of the group np5(n + 1)p in the states of the group 
np5(n + 1)s for inert gas atoms, namely, Δε, 1/taur,kq. The rate constant of the inverse transition kQ follows from the 
principle of detailed equilibrium. Fig. 6 contains the electron temperature dependence for the rates of transition from 
states of the lower group of excited states with the electron shell np5(n + 1)s to states with the electron shell np5(n+1)
p as a result of collisions with electrons. It should be note that the quenching rate constants are normalized to one 
state of the lower state group. Correspondingly, defining kQ as the sum of the rate constants for transitions from one 
state of the lower group np5(n+1)s to states of the upper group of states with the electron shell np5(n+1)p, we obtain 
the following expression for the transition rate on the basis of the principle of detailed balance 

 
3 exp ,Q q

e

Ek k
T

 ∆
= − 

 
 (3.5)

where ΔE is the transition energy, Te is the electron temperature.

Figure 8: Concentrations of krypton atoms in excited states which belong to the electron shell Kr(4p5s) as a function of 
the electron temperature.

B.M. Smirnov and D.A. Zhilyaev



International Review of Atomic and Molecular Physics, 5 (2), July-December 2014 107

Comparing the rate constants of Fig. 7 with the rate constants of quenching of the lowest excited states of inert 
gas atoms by electron impact given in Table 2, one can conclude that quenching of these states results from excitation 
in upper atom states in a range of electron temperatures under consideration. On the basis of the above rate constants 
one can find the concentration of excited atoms which are given by formula 

 
,ex

i
Qi

kc
k

=  (3.6)

where the excitation rate constant kex is determined by formula, and we assume that decay of these states results 
from transition in states of the shell Kr(4p5p), as it follows from estimations. Indeed, the electron shell Kr(4p5s) is 
connected with the electron shell Kr(4p5p) by dipole radiative transitions, and therefore transitions between these 
states are effective. In addition, the transitions energies open these transitions for electron energies where ionization 
from excited states is effective. Fig. 7 contains the concentration of excited krypton atoms in excited states of the 
lowest state group with the electron shell Kr(4p5s). We assume the electron number density Ne in a gas discharge 
plasma satisfies to the criterion 

 

1 ,e
q r

N
k τ

  (3.7)

i.e. radiative transitions from the upper states do not influence on the character of decay.

Figure 9: Concentrations of inert gas atoms in the lowest excited state 3P2 as a function of the electron temperature.
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3.2 Mixing of Lower Excited States of Inert Gas Atoms in Plasma
In analyzing the processes in a gas discharge plasma with participation of excited atoms we restrict ourselves by 
transitions between excited states which are coupled by radiative dipole transitions because it is a strong interaction. 
Therefore in the above consideration we assume states of the lower group with the electron shell np5 (n+1)s to 
be not mixed. From the other standpoint, the energy difference for states of a given group is relatively small, and 
hence transitions between these states may be effective in spite of a weaker interaction. In particular, the exchange 
mechanism of state mixing proceeds as a result of exchange between incident and valence electrons in electron-atom 
collisions according to the scheme [43, 3]

 
5 5( ( 1) ) ( ( 1) ),e A np n s e A np n s↓ + + ↑ → ↑ + + ↓  (3.8)

where $e$e is an incident electron, $A$A is an inert gas atom, the arrow indicates the electron spin direction. The 
rate constants of these transitions may be found on the basis of the experimental scheme by Phelps [45]. In particular, 
in the case of neon we have for the rates of transitions between states of the group $Ne(2p^53p)$ according to 
measurements [44] 
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We do not indicate the accuracy of given results of measurements [44] because we use them for conclusions. 

Comparing the rate constants of level mixing by electron impact with the rate constants of transitions in states 
of an upper shell given in Fig. 7 one can conclude that under these conditions mixing between states of the group 
np5 (n+1)s of lowest excited states of inert gas atoms in collisions with electrons is weak compared to transition in 
states of the upper state group, if the electron temperature exceeds 1 eV. 

Another mechanism of transitions between states of the group np5 (n+1)s results in collisions with atoms in 
the ground state [45]. Though the rate constants of such processes are relatively small, their rates may be not small 
because of a large number density of atoms compared to electrons, especially at high electron number densities. 
Hence, though we ignore the processes of mixing of one group states, they must be taken into account under certain 
conditions. 

3.3 Emission of Excited Atoms in Gas Discharge Plasma
As it follows from the above analysis, effective processes of transition between atom states as a result of collisions 
with electrons proceed between states with a dipole coupling, i.e. if the matrix element of the dipole moment operator 
is not zero for these transitions. But then effective radiative transitions take place between these states. Therefore 
quenching of excited states of these transitions is possible due to radiative transitions, and if the ground atom state is 
the lower state of these transitions, radiation is locked in this gas discharge plasma. As a result, the effective lifetime 
of the upper atom state in a gas discharge plasma is higher by orders of magnitude compared with that of an isolated 
atom due to reabsorption processes. We below briefly consider this problem [43, 3]. 

The efficiency of reabsorption process is determined by broadening of spectral lines, and for the resonant excited 
atom the width of a spectral line v is connected with the total cross section of collisions of atoms in the ground and 
resonantly excited states σt by formula [46]
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We below assume the Lorentz form of spectral line, as it takes place usually for used gas pressures of a gas 
discharge plasma, and because reabsorption process for resonant radiation is significant, the following criterion holds 
true for the absorption ko coefficient at the line center 

 1ok R  (3.11)

where R is a typical size of a gas discharge plasma (A radius of the discharge tube if this plasma is a positive column 
of gas discharge). 

Table 4 
Parameters of resonantly excited atoms

Atom Ne(3P1) Ne(1P1) Ar(3P1) Ar(1P1) Kr(3P1) Kr(1P1) Xe(3P1) Xe(1P1)

λ,A 743.719 735.896 1066.6 1048.22 1235.838 1164.867 1469.61 1295.586

τr,ns 25 1.6 10 2 4.4 4.5 3.6 3.5

τeff, µs 45 2.9 15 3 6 6.4 4.6 4.7

Note that the in this case of collisions of atoms whose states differ by electron transfer between s and p states 
the processes of elastic scattering of atoms, excitation transfer and depolarization of a p electron in the course of 
atom collisions are entangled. The partial and total cross section of this process were evaluated in [57, 47], and and 
we use below the results of indicated numerical evaluations which relate to the s – p transition only. Estimations may 
lead to an error, as it takes in paper [54]) where the total cross section was taken in seven times lower.

Thus, we use below the Veklenko theory [48] for reabsorption of radiative radiation. As a result of the 
reabsorption process, the effective lifetime τef of resonantly excited atoms increases compared with the radiative 
lifetime τr of an isolated atom. In particular, if a uniform gas discharge plasma is located inside a cylinder tube of a 
radius $R$R, the effective lifetime of a resonantly excited atoms inside this plasma is equal [3]

 
4.9 ,ef

Rτ τ
λ

=  (3.12)

where l is the wavelength of resonant radiation. We give in Table 4 the effective radiative for resonantly excited 
atoms of inert gas atoms whose states belong to the lowest group with the electron shell np5(n+1)s.

In addition, the reabsorption process is of importance for kinetics of resonantly excited states. In particular, the 
concentration of atoms in this state is given by 
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 (3.13)

instead of formula. Here τi is the effective radiative lifetime of this resonantly excited state. In Fig.9 we use the 
number density of electrons Ne = 1012 cm–3. 
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3.4 Stepwise Ionization in Gas Discharge Plasma

Figure 10: Rates of stepwise ionization involving excited atoms of inert gases of the group states with the electron shell 
np5(n+1)s .

In considering stepwise ionization of inert gas atoms by electron impact in a gas discharge plasma, we assume 
that ionization is created by excited atoms of the group with the electron shell

np5(n+1)s. Taking the Maxwell distribution function of electrons f(ε), we use the rate constant of atom ionization 
based on the experimental data for ionization of a valence s-electron that is given by [3]
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Assuming the electron temperature TE to be small compared to the atom ionization potential J (the temperature 
is expressed in energetic units), we have for the rate of ionization for an atom in a given excited state where an 
excited electron is found in s-state [3] 
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If the rate constant is expressed in cm3/s and the electron temperature Te, as well the atom ionization potential 
$J$J, are expressed in $eV$eV, the ionization rate constant is given by [3] 
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From this it follows for the rate constant of stepwise ionization as a sum of partial rate constants over states as 
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ion e i ion
i

k T c k=∑  (3.17)

where ci is the concentration of excited atoms in i-th excited state of the group with the electron shell np5(n+1)s, 
Ki

ion is the rate constant of ionization from an excited state i. It should be noted that the rate of ionization of atoms 
by electron impact in this case is given by 
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where Na is the number density of atoms in the ground state.

Figure 11: Concentration of metastable argon atoms Ar(3P2) as a function of the electron temperature. Triangles 
correspond to formula, upturned triangles relate to low electron number densities where quenching of excited atoms is 

determined by atom ionization, and signs relate to experimental data [56]

In this scheme we ignore radiative transitions from excited states. Let us analyze the situation which is realized 
in an inductive gas discharge plasma where the number density of electrons is relatively small. Then radiative 
transitions from the states of the electron shell np5(n+1)p of inert gas atoms in states with the electron shell  
np5(n+1)s increase the concentration of metastable states of the lower group with an increasing number density 
of electrons. Moreover, in the limit of relatively small electron number densities ionization processes become 
responsible for decay of metastable states, and the concentration of metastable atoms is given by formula 
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instead of formula. As demonstration of this, the concentrations of metastable argon atoms of argon gas discharge 
plasma are compared in Fig. 11 for cases where quenching of metastable states result from transitions in the next 
electron shell and is determined by atom ionization. The latter is chosen by experimental data [56]. 
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4. CONCLUSION
This paper is devoted to theoretical analysis of a stationary gas discharge plasma of inert gases with stepwise 
ionization, where excited atoms influences on the plasma behavior. In this analysis we keep a general scheme of 
kinetic of electrons and excited atoms (for example, [49, 50, 51, 52, 53, 54]). In this scheme along with the kinetic 
equation for the electron distribution function by energy, the balance equations for number densities of excited atoms 
are included in consideration. The cross sections of electron-atom collisions play the principal role in this scheme. 
As it was indicated above, the theory is not releable in this because can not take into account exchange interactions 
between incident and valence electrons, whereas experimental information is scare. We use here the scaling law for 
cross sections of transitions between s and p states of valence electrons as a result of electron impact. This allows 
us to determine the rates of these transitions on the basis of experimental data for alkali metal atoms. From this we 
obtain the concentrations of excited atoms in a gas discharge plasma of inert gases and the rate constant of stepwise 
ionization that is the basis of the analysis of other properties of this gas discharge plasma. Unfortunately, we have 
not explanation in indicated vapor which cross section were used there as if it is a routine problem. 

As a result of this analysis, we found that only lower excited states of inert gas atoms of groups with electron 
shells np5(n+1)s and np5(n+1)p may be responsible for stepwise ionization, and only these states may be taken 
into account. Note that in the Vlacek model [50] which is the basis of papers [51, 52, 53] 64 levels are included 
in consideration. But using states which do not give the contribution to ionization processes does not improve the 
reliability of numerical calculations. 

The self-consistent character of atom excitation in a gas discharge plasma [4, 5, 37] is of importance in this 
scheme. Unfortunately, this fact is not taken into account in indicated papers. Indeed, due to sharp drop of the EEDF 
with increasing energy of an incident electron, as it is shown in Fig.1, excited states of other groups can not be 
resulted from electron collisions with an atom in the ground state, and excited atoms with higher excitation energies 
may be formed in collisions of plasma electrons with excited atoms in lower states. As a result, population of atoms 
in higher excited states is lower compared with that in staes of the group np5(n+1)s. According to results of indicated 
papers, the populations of excited levels, where they are given, are compared for states the group np5(n+1)s and 
higher excited levels. This testifies that the self-consistence of the atom excitation process in collisions with electrons 
is not fulfill in these calculations. 

To sum up for this analysis, we mark the complexity of kinetics of a gas discharge plasma because of a large 
number of processes which are responsible for the behavior of this plasma and due a large number of regimes of 
this plasma. Therefore, construction of a universal scheme for plasma kinetics is not productive for a gas discharge 
plasma where processes with participation of excited atoms are of importance. In this way one can join some regimes 
of a gas discharge plasma of a certain type with identical processes and properties under consideration. It is of 
importance in this way to ground the cross sections and rate constants of processes used.

Acknowledgement
The study was supported by Russian Science Foundation (grant No. 14-50-00124)

References
[1] Y.P. Raizer. Gas Discharge Physics. (Berlin, Springer, 1991) 

[2] B.M. Smirnov. Phys.Usp. 52, 519 (2009)

[3] B.M. Smirnov. Theory of Gas Discharge Plasma. Berlin, Springer, 2015)

[4] M. Capitelli, M. Dilonardo, C.Gorse. Chem.Phys. 56, 29 (1981)

[5] J. Bretagne, M. Capitelli, C.Gorse, V.Puec. EPL 3, 1179 (1987)

B.M. Smirnov and D.A. Zhilyaev



International Review of Atomic and Molecular Physics, 5 (2), July-December 2014 113

[6] N.F. Mott, H.S.W. Massey. The Theory of Atomic Collisions. (Oxford, Claredon Press, 1965)

[7] G.F. Drukarev. Collissions of Electrons with Atoms and Molecules. (New York, Plenum Press, 1987)

[8] J.L. Pack e.a. J. Appl. Phys. 71, 5363(1992)

[9] L.D. Landau, E.M. Lifshitz. Quantum Mechanics. (Oxford, Pergamon Press, 1980)

[10] L. Je. Gurevich. Grounds of Physical Kinetics. (Leningrad, GITTL, 1940; in Russian)

[11] E.P.W igner. Phys.Rev. 73, 1002(1948)

[12] M. Seaton. In : Atomic and Molecular Processes. (New York, Acad.Press, 1962

[13] L.A. Vainstein, I.I.Sobelman. E.A.Yukov. Excitation of Atoms and Broadening of Spectral Lines. (Moscow, Nauka, 1979)

[14] V.P. Schevel’ko, L.A.Vainstein. Atomic Physics for Hot Plasmas. (Bristol, Institute of Phys. Publ., 1993)

[15] A.V. Eletskii, B.M.Smirnov. Zh.Tekhn.Fiz. 38, 3(1968)

[16] A.V. Eletskii, B.M.Smirnov. ZhETF 84, 1639(1983)

[17] B.M. Smirnov. Phys.Usp. 45, 1251(2002)

[18] B.M. Smirnov. Plasma Processes and Plasma Kinetics. (Berlin, Wiley, 2007)

[19] D. Leep, A.Gallagher. Phys. Rev. 10A, 1082(1974) e+Li - exc

[20] J.O. Phelps, C.C.Lin. Phys. Rev. 24A, 1299(1981) e+Na - exc

[21] J.O. Phelps, J.E.Solomon, D.F. Korff e.a. Phys.Rev. 20A, 1418(1979) e+K - exc

[22] L.M. Volkova, A.M. Devyatov. Izv. Acad.Nauk SSSR, Ser.Fizich. 27, 1052(1963) e+K - exc

[23] I.P. Zapesochnyi, E.N. Postoi, I.S. Aleksakhin. ZhETF 68, 1724(1975)

[24] G.A. Piech, M.E.Lagus, L.M.Anderson e.a. Phys. Rev. 55A, 2842(1997) e+He(2-3S) - exc

[25] M.E. Lagus, J.B. Boffard, L.M. Anderson, C.C. Lin. Phys. Rev. 53A, 1505(1996) e+He(2-3S) - exc

[26] Yu. P. Korchevoi, A.M. Przonskki. Sov. Phys. JETP 24, 1089(1967)

[27] E.E. Antonov, Yu.P.Korchevoi. Ukr.Fiz.Zh.22, 1557(1977)

[28] M.J. Druyvesteyn. Physica 10, 61(1930)

[29] B.I. Davydov. Phys.Zs. Sowjetunion 8, 59(1935)

[30] P.M. Morse, W.P.Allis, E.S.Lamar. Phys. Rev. 48, 412(1935)

[31] B.I. Davydov. Phys.Zs. Sowjetunion 12, 269(1937)

[32] W.P. Allis, H.W. Allen. Phys. Rev. 52, 703(1937)

[33] S. Chapman, T.G. Cowling. The Mathematical Theory of Non-Uniform Gases.(Cambridge, Cambr.Univ.Press, 1939)

[34] W.P. Allis. Handbuch der Physik. Ed.S.Flugge. Berlin, Springer, 1956. v.21, p.383

[35] E.M. Lifshits, L.P. Pitaevskii. Physical Kinetics. (Oxford, Pergamon Press, 1981)

[36] L.D. Landau. JETP 7, 203(1937)

[37] B.M. Smirnov. Physics of Ionized Gases. (New York, Wiley, 2001)

[38] N.B. Kolokolov. In: Chemistry of Plasma, ed.B.M.Smirnov (Moscow, Energoatomizdat, 1984). vol.12, p.56-95

[39] B.M. Smirnov. JETP 116, 58(2013)

Processes Involving Excited Atoms in Gas Discharge Plasma of Inert Gases



114 International Review of Atomic and Molecular Physics, 5 (2), July-December 2014

[40] L.M. Biberman, V.S.Vorob’ev, I.T.Jakubov. Sov.Phys.Usp.15, 375(1973)

[41] L.M. Biberman, V.S. Vorob’ev, I.T. Jakubov. Sov. Phys.Usp. 22, 411(1979)

[42] L.M. Biberman, V.S. Vorob’ev, I.T. Iakubov. Kinetics of Nonequilibrium Low-Temperature Plasma. (New York, Consultant 
Bureau, 1987)

[43] V.P. Afanas’ev, B.M. Smirnov, D.A. Zhilyaev. ZhETF

[44] N. Philosof, A. Blagoev. J.Phys. B21, 639(1988)

[45] A.V. Phelps. Phys.Rev. 114, 1011(1959)

[46] I.I. Sobelman. Radiative Spectra and Radiative Transitions. (Springer, Berlin, 1979.)

[47] Yu. A. Vdovin, V.M. Galitskii. Sov. Phys. JETP 52, 1345(1967)

[48] B.A. Veklenko. ZhETF 33, 629; 817(1957)

[49] M. Ferreira, J. Loureiro, A. Ricard. J. Appl. Phys.57, 82(1985)

[50] J. Vlsek. J. Phys. 22D, 623(1989)

[51] A. Bogaerts, R. Gijbels, J. Vlcek. J. Appl. Phys. 84, 121(1998)

[52] A.Bogaerts, R. Gijbels, J. Vlcek. J. Appl. Phys. 86, 4124(1999)

[53] A.Bogaerts, R. Gijbels. Spectrochim. Acta. 55B, 263(2000)

[54] N.A. Dyatko e.a. J. Phys. 41D, 055204(2008)

[55] A.V. Eletskii, V.D. Kulagin. Sov. J. Plasma Phys. 5, 55(1979)

[56] J.B. Boffard e.a. J. Phys. 45D, 045201(2012)

[57] T. Watanabe. Phys. Rev. 139A, 1375(1965)

B.M. Smirnov and D.A. Zhilyaev


